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Chapter 5c 
Combinatorics  for  the  PASEP 

(the  bijection  alternative  tableaux  — permutations)



  The  “exchange-fusion”  algorithm
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   The  inverse   
“exchange-

fusion”  
 algorithm
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Genocchi  sequence 
of  a  permutation





1 2

7

4
3

5
6

8

9

“Genocchi  shape”  of  a permutation





Angelo  Genocchi
1817 - 1889

Genocchi
numbers

alternating  shape







some  parameters



The maximum letter of the blocks of letters reaching the ground level are:

-  for the columns of  T  (red threads), the left-to-right maximum elements of the values of  the 
permutation  s   less than the last letter  s(n+1),
- for the  rows of  T  (blue threads), the right-to-left maximum elements of the values of  the 
permutation  s  bigger than the last letter
(3 proofs comming 3 different methodologies: by P. Nadeau , O.Bernardi and xgv)

This gives an interpretation of the two parameters on alternative tableaux:
- number of “open” columns (i.e.  columns without a red cell)
- number of “open” rows (i.e. rows without a blue cell)





xy(x+y)(x+1+y)...(x+n-2+y)











orthogonal  polynomials





Askey-Wilson
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